Assume that for any fixed $\dot{z}'\in U'$ , the restriction
We give explicitly two corollaries of Theorem 1. 
Then
$\mathrm{W}\mathrm{F}_{A}(u)=\{(0,0;1,0)\}$ . In particular the restrictions of $u$ with respect to the $x_{2}$ variable are well-defined. All these restrictions are real analytic (in one variable), but $u$ itself is not real analytic.
We remark that asimilar example was already obtained in A. Kaneko [2] . We also give the following Example 2.7. Consider a holomorphic function $h(z_{1}, z_{2})= \sum_{j=1}^{\infty}\frac{i(-iz_{2})^{j}}{j^{j}(z_{1}+i(z_{2}^{2}+j^{-3j}))}$ on $\{(z_{1},z_{2})\in \mathbb{C}^{2};{\rm Im} z_{1}>({\rm Im} z_{2})^{2}-({\rm Re} z_{2})^{2}\}$ . The boundary value $u(x_{1}, x_{2})$ of $h$ satisfies (1) for any i2 and any $k=0,1,2$ , $\ldots$ , $\partial_{x_{2}}^{k}u|_{x_{2}=\dot{x}_{2}}$ is well-defined and real analytic, (2) $\mathrm{W}\mathrm{F}_{A}(u)=\{(0,0;1,0)\}$ .
2. We give aremark. In view of Theorem 4.4.7' in A.KanekO [3] mentioned in the introduction, we have the following result due to Kataoka and Oshima concerning hyperfunctions with holomorphic parameters for any $x_{0}'\in\Omega'$ . Then it follows that $u=0$ .
Here we have used the notation $BA$ $:=H_{M}^{d}(\mathcal{O}_{X}|_{X'\mathrm{x}M'},)$ , (2.2) and recall that the sheaf $BA$ was considered by M.Sato [lO] . (We remark that M. Sato used the sheaf $BA$ to discuss restriction of hyperfunctions in [10] , before the notion of singular spectrum came into being.) 3. It follows from the above dicussion that all results mentioned so far will be reduced to Theorem 2.2. We shall therefore give the proof of this theorem in the next section.
The reduction of 1.6 to 2.2 will be done by using the characterization of real-analyticity of hyperfunctions with single defining functions and the unique continuation property along holomorphic parameters. Likewise, the reduction of Theorem 1.4 to Theorem 1.6 will be done by using two morphisms due to Kashiwara and which were used in the proof of the flabbiness of the sheaf of microfunctions. We omit these two steps in this note. 3Proof of Theorem 2.2.
1. In this section, we give abrief sketch of the proof of Theorem 2.2. The argument will be based on several tools: acharacterization of extendibility of holomorphic functions by duality, Baire's principle, atheorem of Hartogs' type, and the unique continuation property of singularities along holomorphic parameters.
First we shall give avery simple result on extendibility of holomorphic functions. Before we can state the result we need to introduce some additional notations and conventions. We shall in fact denote by $B'(\delta)$ the polydisc $\{z'\in \mathbb{C}^{d};|z_{j}|<\delta,\forall j\}$ in , $|\hat{v}(\zeta')|\leq\exp\{H_{U'+B'(\delta)},(\zeta')\}\Rightarrow|v(h)|\leq c_{\delta'}$ .
We next prove amodified version of Hartogs' theorem. We only consider the case of convex sets. Before we enter the proof of Theorem 3.2, we recall alocal variant of the Phragm\'enLindel\"of principle. First we apply Cauchy's integral formula to the functions $h(\cdot, z')$ in the variables $z'$ for all $z'\in\dot{x}'+B'(\epsilon)$ . Using the property (PI), we obtain: $|a_{\alpha}(z')|\leq C_{1}\delta^{\prime-|\alpha|}$ for any $z'\in\dot{x}^{u}+B'(\epsilon)$ and any $\alpha$ , (3.3) where $C_{1}:= \sup_{z\in(\dot{z}'+B'(\mathit{6}'))\mathrm{x}(\dot{x}'+B'(\epsilon))}|h(z)|$ .
On the other hand, the expression:
where $v_{\alpha}$ is the analytic functional va: $f\mapsto v_{\alpha}(f):=(1/\alpha!)((\partial/\partial z')^{\alpha}f)|_{z'=\dot{z}'}$ , and the property (P2) give us the following estimate: $|a_{\alpha}(x')|\leq C_{2}(3\delta)^{-|\alpha|}$ for any $x'\in B'(\epsilon)\cap \mathbb{R}^{n-d}$ and any $\alpha$ , (3.3) where $C_{2}:=j_{0}e^{-d}$ .
In this situation we apply Remark 3.4 to the plurisubharmonic functions $z' arrow\frac{1}{|\alpha|}(\log|a_{\alpha}(z^{u}+i')|-\log\max(C_{1}, C_{2}))$ , From the estimates (3.3) and (3.4) we obtain $|a_{\alpha}(z')|\leq C(2\delta)^{-|\alpha|}$ for any $z'\in i'+B'(\epsilon')$ , with some constant $\epsilon'$ . This estimate shows that for any $z'\in i''+B'(\epsilon')$ , the Taylor series (3.2) converges at least on $\dot{z}'+B'(2\delta)$ and that our function $\square$
